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Abstract
Work from Cornell in 2016 built on recent theoretical

research in the field of SRF to link the electron mean free
path to the field-dependent BCS surface resistance. This
research relates the magnitude of the “anti-Q-slope”, the
puzzling reduction of surface resistance with increasing RF
field intensity observed in certain cavities, to the doping
level of nitrogen-doped niobium, quantified by the mean
free path: shorter mean free paths correspond directly with
stronger anti-Q-slopes. The theoretical connection comes
through the overheating of the quasiparticles, which more ef-
fectively transfer their energy to the lattice at short mean free
paths. In this report, we present an update of this analysis,
investigating recent test results of low-temperature-doped
single-cell and nine-cell cavities. We also study the theoreti-
cal implications for cavities at frequencies higher and lower
than the often-studied 1.3 GHz.

INTRODUCTION
The anti-Q-slope is a phenomenon observed in impurity-

doped niobium superconducting radio-frequency (SRF) cav-
ities in which the microwave surface resistance of the cavity
decreases as the strength of the field in the cavity increases.
The magnitude of the reduction in surface resistance depends
strongly on the level of doping, quantified by the electron
mean free path in the RF penetration layer. This has mostly
been observed and studied in nitrogen-doped niobium since
the discovery of the phenomenon in 2013 [1, 2], but recent
results suggest that similar results may be obtained in nio-
bium doped at low temperatures (120-160◦ C, as compared
to 800-1000◦ C typical of nitrogen doping) with carbon and
oxygen [3].
Theoretical work in 2014 proposed a mechanism for the

anti-Q-slope phenomenon: currents induced in the cavity
surface by the RF field significantly modify the electron
density of states, “smearing” out the superconducting en-
ergy gap peak and thereby reducing the microwave surface
resistance [4]. This reduction is counteracted by the over-
heating of quasiparticles (i.e. unpaired, normal-conducting
electrons) in the RF surface layer due to inefficient energy
transfer from the power dissipated by the field out to the
cooling bath outside the cavity wall: the quasiparticles equi-
librate at a higher temperature than the bath, which in turn
increases the BCS surface resistance.
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In our work in 2016, we demonstrated that the theory
indeed matches experimental results for nitrogen-doped cav-
ities with mean free paths ` < 50 nm [5]. Moreover, we
showed that the magnitude of quasiparticle overheating,
which controls the magnitude of the anti-Q-slope and is
encapsulated in the normalized overheating parameter α′,
depends very strongly on `.
In this report, in the section below, we present new find-

ings comparing experimental results of low-temperature
doped cavities to theoretical predictions. In addition, in
the following section, we consider the implications of the
theory and ourmodel of themean-free-path-dependent quasi-
particle overheating for cavities at 650 MHz, 2.6 GHz, and
3.9 GHz.

ANALYSIS OF LOW-TEMPERATURE
DOPED CAVITY TEST RESULTS

We analyzed RF test data from two recent cavity tests at
Cornell, both cavities prepared with low-temperature doping.
The first test was a single-cell TESLA [6] cavity prepared
with a 48-hour bake at 160◦ C in an impure nitrogen atmo-
sphere and a 168-hour (i.e. 7-day) anneal in vacuum; the
second test was a nine-cell TESLA cavity with the same
doping step but with a 48-hour anneal. Both cavities were
tested under continuous-wave (CW) RF power in the vertical
test dewars at Cornell.
In our analysis, we used BCS fitting of low-field quality

factor Q0 vs. temperature T and frequency f vs. T to extract
the critical temperature Tc , energy gap ∆/kBTc , and mean
free path `; the nine-cell cavity had ` ≈ 1 nm and the single-
cell cavity had ` ≈ 7.5 nm. We then used further BCS
fitting of Q0 vs. peak surface magnetic field Bpk at many
temperatures to calculate the field-dependent BCS surface
resistance RBCS and residual resistance R0.

Following this extraction of material parameters and sur-
face resistance, we performed theoretical fits to the RBCS vs.
Bpk data, using the methods described in reference [5], fitting
all data at all temperatures at once to a single value of the
normalized overheating parameter α′ and of the systematic-
error-correcting scaling factor s.
Figure 1 shows the results of these fits for the nine-cell

cavity, and Fig. 2 shows the results for the single-cell. These
results show that the anti-Q-slope exhibited by the low-
temperature-doped cavities is compatible with the theory.
Further, the very low overheating extracted from these fits is
compatible with our model, which correlates short mean free
paths with efficient quasiparticle-phonon energy transfer and
thus low overheating [5].
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Figure 1: Field-dependent BCS surface resistance RBCS data
for the 160◦ C-doped nine-cell cavity, with theoretical fit re-
sults. Theoretical curves correspond to α′ = 0.19 mKm2/W.
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Figure 2: Field-dependent BCS surface resistance RBCS data
for the 160◦ C-doped single-cell cavity, with theoretical fit re-
sults. Theoretical curves correspond to α′ = 0.11 mKm2/W.

Figure 3 shows the plot of α′ vs. ` previously published
in reference [5], now with the results of these two cavities
overlaid on the original data. As the plot shows, these new
results are quantitatively consistent with the model, despite
the significant differences in doping procedure.

THEORETICAL PREDICTIONS AT
ALTERNATIVE FREQUENCIES

As alternative SRF materials beyond the traditional nio-
bium become more viable for use in accelerators, it is a
worthwhile exercise to consider frequencies apart from
the 1.3 GHz that has dominated the SRF community for
the last several years, with recent major projects includ-
ing LCLS-II [7] and E-XFEL [8] choosing that frequency.
Lower frequencies offer a potentially drastic decrease in
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Figure 3: Normalized overheating parameter α′ as a function
of mean free path ` High-temperature nitrogen-doped and
fit originally published in reference [5]; new data for cavities
doped at 160◦ C is displayed here over the original plot.

surface resistance and thus operating costs, and higher fre-
quencies offer both lower construction costs and a better
likelihood of producing defect-free surfaces due to the sig-
nificantly smaller size of the cavities.

Using our model of quasiparticle overheating as a function
of electron mean free path, we have calculated predictions
of the field-dependent BCS surface resistance for nitrogen-
doped niobium cavities at 650 MHz, 1.3 GHz, 2.6 GHz,
and 3.9 GHz, with a mean free path of 20 nm. These were
calculated with an overheating parameter α′ = 0.4 mKm2/W,
consistent with ` = 20 nm, at bath temperatures T0 of 1.6 K
and 2.0 K.

Figure 4 below shows the results at 1.6 K, and Fig. 5 shows
the results at 2.0 K. In general, these results are promising
for frequencies in the UHF band up to the S band, though
at higher temperatures the high-frequency cavities become
less viable. This largely comes down to the fact that the
quasiparticle overheating ∆T goes linearly with the power
dissipated by the field and thus linearly with the surface
resistance; the BCS resistance itself has a frequency-squared
dependence.
At 2.6 GHz and 3.9 GHz, the greatly increased surface

resistance serves to magnify the effect of the quasiparticle
overheating, to the point where the anti-Q-slope is almost
completely eliminated at 2 K and 3.9 GHz. Further, for mean
free paths longer than 20 nm, this overheating will increase
in magnitude, in principle eliminating the anti-Q-slope in
high-frequency cavities.
At 650 MHz, however, this dependence on frequency

works out to be an advantage. Because of the drastically
lower BCS resistance, the overheating is minimal, especially
at 1.6 K. Conversely with the findings for high-frequency cav-
ities, these results imply that low-frequency cavities could be
doped to a longer mean free path and still exhibit strong anti-
Q-slopes while potentially avoiding the low quench fields
that plague strongly doped cavities [9].
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Figure 4: Theoretical predictions of the anti-Q-slope at
650 MHz, 1.3 GHz, 2.6 GHz, and 3.9 GHz, for α′ = 0
and α′ = 0.4 mKm2/W, at 1.6 K.
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Figure 5: Theoretical predictions of the anti-Q-slope at
650 MHz, 1.3 GHz, 2.6 GHz, and 3.9 GHz, for α′ = 0
and α′ = 0.4 mKm2/W, at 2 K.

In all, these results suggest that a wide range of frequen-
cies may be viable for the anti-Q-slope in impurity-doped
niobium cavities.

CONCLUSIONS
We have examined test results of low-temperature-doped

niobium SRF cavities and found that their behavior is consis-
tent with recent theoretical descriptions of the anti-Q-slope.
We found that the quasiparticle overheating parameter and
mean free path of these cavities is consistent with our model
developed from results of cavities doped at high tempera-
ture. We also calculated theoretical predictions for impurity-
doped niobium cavities at alternate frequencies, finding that
frequencies from the UHF band up to the S band may be
viable for the operation of these cavities. Low frequency
cavities may be particularly attractive for doping due to their
significantly lower quasiparticle overheating, though high
frequencies cavities may be equally attractive due to lower
material costs and increased ease of creating clean, defect-
free surfaces.
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